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I, INTRCDUCTION

This thiré‘sgmi—annual status report on dynamics and control of
escape and rescue from a tumbling spacecraft presents results and
expectations based on 18 months of effort. Tasks outlined in the
last progress report have been continued and bail-out analyses initi-
ated. Accomplishments attained during the period from 1 June 1972
to 30 November 1972 are summarized in Section II and detailed dis-
cussions of appropriate topics appear in the appendices. Tasks to be
carried out during the next six-month period are outlined in Section
III.

Since the current grant will expire on 31 May 1973 and a great
deal of related work remains to be done, a tentative statement of
work for a renewal grant is included in Section IV. Results to date
have been rewarding and have satisfied the original objectives of
this project. Each new result has led to other technical questions
of interest. It is proposed that both cbntinued and new areas be
studied in this follow-on grant.

Communication and dissemination of results is considered a pri-
mary part of university research. Thus, .a summary of work to date
was presented at the Fifth International Space Rescue Symposium, held
at the 23rd Congress of the International Astronautical Federation,
8-13 October‘l972, in Vienna, Austria. This paper, eﬁtitled,(
"Despinning and Detumbling Satellites in Rescue Operations," will

appear in the proceedings of the symposium and is included here as



Appendix A, Sﬁbstangial interest was shown in this paper by the
attendees and other papers presented will be helpful to continue
work on this grant.

The personnel situation on this project is unchanged except for
thg addition of one doctoral candidate who will be developing bail-out
analyses. Two master's students and one doctoral candidate should
be completing their work shortly. Each will write a thesis and

appropriate publications.

II. PROGRESS TO DATE

Basic task assignments presented in the last progress report
(June-l972) have not changed. The status of each topic is briefly
discussed below.

Preliminary design of unmanned moduie for automatic dock and
detumble (MADD) was previously presented and appears in Appendix A.
Further analyses have been carried out. These include synthesis of
a continuously throttable position control system and an initial
design of an attitude control system. All propulsion units are
assumed continuously throttable since the maneuvering requirements
for this type of mission are extreme. A separate Astronautics Research
Report will contain these analyses and simulations together with
associated optimal detumble thrusting profiles. These profiles were
basedron constraining the magnitude of applied torque, and results
indicate minimum time detumbling is obtained by always torquing along

the negative angular momentum direction.



A movable mass control system to convert tumbling motion of a
spacecraft into simple spin is being investigated. The equations of
motion of a rigid spacecrafﬁvﬁith attached control mass have been
formulated. It ié shown that a movable mass control system may increase.
the system.energy to its maximum state,i.e., spin about the axis of
minimum moment of inertia. It may also decrease the system energy to
its minimum state, in which case spin would be about the axis of
maximum inertia. The control system was designed for the latter case
due to associated inherent stability and low spin rate. A control law
relating control mass motions to vehicle motions was selected based
on ﬁyapunov stability theory. For a selected spacecraft and realistic
initial conditions, it is shown that the movable mass control system
is capable of decreasing the kinetic energy of the system aﬁd establi;ﬁ—
ing a simple spin state about the axis of maximum inertia within one
hour. While this time may vary according to contrel system constraints,
such as mass displacement amplitude or power, the feasibility of this
system has been demonstrated. A comprehensive analysis and discussion
of this control concept is included as Appendix B.

In addition to demonstrating feasibility of a moving mass system,
optimization techniques are being employed to generaté displacement
profiles for the general problem of a tuﬁbling asymmetrical body.

Such techniques may permit rapid evaluation of these time histories
for a large class of vehicle configurations. Methods are currently
being refined to obtain soiutions compatible with spacecraft constrainﬁs,
A complete discussion of optimal control considerations appears in

Appendix C.



Effects of long, flexible beams and solar arrays on the motion
of a torque free, tumbling spacecraft are being investigated. Equations
of motioﬁ are discussed for two asymmetrical vehicles with flexible
beams and one spacecraft with two flexible solar arrays. Energy
dissipation characteristics of the flexible appendagés are investigated
using the complex notation for structural damping. An assumed mode
approach is used to describe the elastic deformations of these appendages.
Initial conditions are such that only fundamental modes of vibration
are considered. A comprehensive description of this treatment is
offered in Appendix D.

A review of proposed 'bail-out" procedures has been completed.
Evaluation of these methods have determined those characteristics
which allow reasonable safety and reliability. The departure angular
motion of '"bail-out" is determined by using Euler's equations for
rigid bodies. Translational velocity dependé on the point of
departure with respect to the angular velocity vector. Methods of
eliminating the undesirable motion of the astronauts have been
investigated and two chosen as satisfying pertinent criteria. These
are the Two Man Cable Despin device and the Extendable Rod Despin

device.

III. FUTURE TASKS

’
-

Efforts will continue in the areas of moving mass optimization,
flexibility effects on stabilization, and bail-out analyses. A

separate Astronautics Research Report on the MADD concept and its
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optimal detumbiing cépabilities will be completed during the next
reporting period. A preliminary statement of work for a renewal
grant beginning 1 June 1973 is included in the next Section.

Further work on the movable mass control system will be con-
cerned with selection of sensors and determination of power require-
ments. Control system parameters must be selected such that the motion
is within translation and power constraints, and optimal profiles afe
obtained. This effort will be coupling to an investigation of despinning
methods to be used after stabilization by internal moving masses.

Flexibility analyses and simulatibns-will be completed to the
extent applicable to the current project objectives. The
associated computer programs will be useful for estimating effects
on the modular space station configuration. Devices for increasing
dissipation rates through flexibility will also be suggested.

Simulations of bail-out dynamics will be performed through the
use of a digital computer. These will aid in establishing procedures
for leaving a tumbling vehicle such that a rescue craft can easily
retrieve the crew. Optimum hatch locations and bail out timing should

result.

IV. RENEWAL STATEMENT OF WORK

Activities on this grant have been confined to the analysis of
tumbling, active detumbling technqiues, associated conceptual hardware,
and operational aspects. It is proposed that current topicsAbe con-
tinued and new areas be studied in a two-year renewal grant, as outlined

below:



1. MADD Control Synthesis

Continuation of work to develop automatic control logic associated
with tracking and docking dufing tumble. This will includg simulations
and animations of automated docking and detumble sequences.

2. Energy Dissipation Modeling

Continuation of work on dissipation modeling, including effects
of fuel slosh and dampers. Work to date has been limited to flexibility
effects.

3. Rescue Aids in Future Manned Spacecraft

Continued work on built-in devices to stabilize and aid in rescue
operations will be performed. These include passive energy dissipators
in addition to passive sensors for use by a rescue vehicle.

4, Escape Hatch and Bail-Out Analyses

Initial work on optimum placement of escape hatches has been done,
but results will require further efforts. Simulations of various
situations will be included to determine bail out dynamics and to
evaluate individual detumble devices previously proposed.

5. Feasibility of Stick-On Rockets

A feasibility study of the stick-on rockets proposed by NAR is
essential before further evaluation can be made. This would involve
simulations of dynamics resulting from firing these rockets. during
tumble. The exact attachment points of these devices are critical
to successful stabilization, In éddition, the impulse imparted is

also important.



6. Liquid Jet.ExperimentsA

Feasibility of using liquid jets for detumbling depends on a
determination of jet properties in vacuum. Such properties are not
known for conditions of'intefest in this situation. Facilities exist
at Penn State for this kind of work gnd results can be obtained at a
minimum of expenditure.

The principal investigator will participate on 1/4 time basis
with other faculty contributing as needed. Three graduate assistants.

on 1/2 time schedules can handle the outlined tasks.
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I. INTRODUCTION

In the operation of future manned space vehicles there is always
a finite probability that an accident will occur wvhich results in
uncontrolled tusbling of a spacecraft. The process of deturbling such
a vehicle may represent a major part of the rescue operation if crew-
men cannot evacuate while tumbling. Hard docking by a manned rescue
craft is not possible because of complex maneuvers which would probably
require excessive accelerations and fuel usage. In addition, the
rescue crew would be exposed to an extremely hazardous environment
since the tumbling vehicle may be larger than the rescue craft.
Therefore, elimination of tumbling motion presents a very difficult
problem which must be resolved to fulfill a complete space rescue
capability.

The most general type of passive attitude motion is referred to

' All three orthogonal components of angular velocity

as "tumbling.'
may be large, and there is no preferred axis of rotation. Since no
spacecraft is absolutely rigid, tumbling motion will tend toward
steady spin due to energy dissipation. However, large bodies such as
manned space bases have relatively low dissipation rates and may
require many days or weeks to passively stabilize at a constanit spin
rate about a single axis. If this state were reached, despinning

is somewhat easier than detumbling. This paper discusses the opera-
tional aspects of detumbling or despinning a large passive vehicle
during a rescue mission. Techniques and devices for carrying out
these operations are also presented. Some specific examples are cited
which represent realistic estimates of future rescue‘situations. Two
philosophies are employed to consider promising methods of implement-
ing attitude control; torque application from outside and built-in
autonomous devices. The first category includes the use of fluid

jets from a shuttle orbiter and a small automated thruster package

to track and dock with the tumbling craft. Internal devices include

self~contained, acceleration-activated mechanisms which may va the
N ’ N
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moments of inertia or apply thrust with time in order to stabilize

motion to steady spin or eliminate all angular momentum,

II. THE NATURE OF.TUMBLING

Angular momentum states have been classified according to motion
énd missions in which such states are likely to occur.l Simple spin
is angular motion about a single body axis and is usually associated
with passive atiitude stabiilizacion and the steady state of initially
perturbed or tumbling bodies. Tumbling occurs immediately after a
significant attitude perturbation, but eventually decays into simple
spin. The nature of general torque-free tuwbling motion of rigid
bodies has been well established and may be described analytically or

geometrically. For an unsymmetrical body the equations of motion are

non-linear and cannot be solved without difficulty. A geometrical

S
interpretation has been formulated by Poinsot.” The 'Poinsot ellipsoid" §§
illustrated in Figure 1 represents the locus of all possible values :;g
of aaguiar velucity of the body whidu satisly the constent kinetic _g%
energy condition.. This imaginary ellipsoid is fixed to the body and g;

]

IR
1b

moves with it, as shown. Attitude motion can then be described as the
Poinsot ellipsoid rolling without slip on an inertially fixed plane
with its center at a fixed distance from this plane. If the body is
symmetric, the geometric interpretation is simpler and is illustrated
in Figure 2. A "body cone' whose apex is at the center of mass and
is fixed to the body rolls on an iﬁertially fixed "space cone' whose
axis coincides with the angular momentum vector. The common cone
element coincides with the angular velocity vector. |
_ Tumbling is the immediate result of a significant attitude per-
turbation to an uncontrolled vehicle with little ox no initial spin.
This situation is coupled with continuous angular motion of all three
principal body axes, i.e., no inertially oriented axis exists. Crew-
men trapped inside such a vehicle could not easily escape and may not

even be able to move about due to the changing nature and magnitudes
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of accelerations. This kind of attitude motion makes rescue very
difficult. In general, elimination of angular motion of a large body
is a comblicated process, because it must be done either from a non-
turbling frame outside the body or by a possibly.massive internal

device which may only stabilize the motion to steady spin.

IIT. EXAMPLES OF TUMBLING SITUATIONS

In order to determine the requirements for a device or concept
to detumble a large spacecraft some assumptions must be adopted about
the causes of tumbling and calculations made to determine resulting
maximum rates of tumble., An analysis of realistically determined
situations was made with selected spacecraft vhich are thought. to
represent future mission hardware. Primary expected causes of tumbling
associated with loss of control are vehicle-vehicle collisions,
escaping atmosphere, pressure vessel rupture, runaway attitude thruster,
and hard-over gimbal during a main engine firing.

Four configuratibns were selected based on a recent North
American Rockwell study.3 These are the mddular space station, small
space vehicle, Mark II orbiter, and generation 1 orbiter. Configura-
tions are shown in Figure 3. Mass and moments of inertia were cal-
culated for each vehicle and are listed in Table 1. Collisions
between all combinations of these vehicles were considered, except
Mark Il-generation 1 orbiter encounters. Such mishaps were assumed
to occur during docking operations with a relative velocity of
1.5m/sec with misalignment of 4 deg in angle and 0.61m in displacement
in addition to an angular vehicle rotation rate of 0.1 deg/sec.

Impact parameter values were assumed and energy methods.of analysis
were used to determine resultihg turbling rates. The escaping
atmosphere situation was assumed for the modular space station and
small space vehicle. Pressure wall perforation could résult from
meteorite penetration, internal explosion, ‘ete. The effect on ’
attitude is similar to that of a reaction jet as the inside atmos-

phere escapes into space. Worst cases were assumed with respect to
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puncture location and thrust produced.
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Escape of fluids from tanks

into space will have similar results to those of an escaping atmos-

phere.

A single tank was assumed ruptured for each configuration

studied. Worst case conditions prevailed, e.g., contents'escaped in

one direction producing thrust with a large moment arm about the

center of mass.

Since only the two orbiter configurations have steerable main

rockets, the hard cver gimbal situation applied to them exclusively.

Two thrusters on ecach vehicle were assumed fixed at maximum gimbal

angle and fired for 15 sec.

The final tumble-producing situation is

concerned with a malfunctioning attitude thruster which is assumed to

thrust for one minute.

Table 1 Mass Properties of Configurations Considered
Modular Small Mark II Generation 1
_Space . Space Orbiter . Orbiter
Station Vehicle
Mass (Kg) 100,000 11,400 138,000 81,000
. 7 5 6 6
Moments of Inertia IYK 0.636x10 0.298x10 3.4x10 0.993x10
(Rg-n®) = 7 5 3 6
IYY 0.664x10" | 1.34x10 24,8x10 8,14x10
7 5 6 6
IZZ 0.515x10 1.34x10 28.3x10 8.50x10
- , 6 4
Products of Inertia IXY 0.19x10 0 -1.22x10 0
(Kg—-mz) : i B
IX? 0.785x%10 0 3.59x10 0
- 4
I, | 0.176x10% 0 0.271x10' 0

YZ
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Results of worst case situations are summarized in Table 2. It
must be stressed that the values of angular rates appearing in this
Table represent only the initial motion at the end of application of
perturbing torque. Since the X, Y, and Z axes do not generally coin-
cide with the principal body axes (motion about the maximum and mini-
mum principal axes is stable for a rigid body) these spin modes will
become tumbling modes within a few revoluticns of the vehicle. Some
of the results are given as ranges of angular rates because of parame-
ter uncertainties iﬁ the analysis. In general, one could conclude
that angular rates could be expected up to about 9.0 RPM for the large
vehicles and up to azbout 14.7 RPM for the small space vehicle. The
escaping atmosphere situation for this lést vehicle is considered a
catastrophic one, because a spin rate of 52 RPM would probably result
in massive structural failure. Therefore, rescue from this spacecraft
would be neither possible nor necessary. A few cases could not be
analyzed due to a lack of data on configuration dimensions and layout
detzails. Herover, all cases in which rescue is possible appear to be
limited to initial angular rates of less than 10 RFM or 60 deg/sec for
large vehicles and less than 15 RPM or 90 deg/secc for the small

vehicle.

IV. RESCUE OPERATIONS

In general orbital rescue missions may be ‘divided into three
phases:4 rescue alert and rendezvous with the disabled vehicle,
rescue operations proper, and return of the rescue vehicle. The
second phase is of primary concern here, since a major part of this
phase involves detumbling a large, manned vehicle before evacuation
and repairs can take place. The sequence of rescue operations depends
on the type of control to be used. Two techniques are being con-
sidered: application of controlling torques from outsidé and stabi-
lization by autonomous internal devices. »

External application of torque can be done by either a programmed

fluid jet or thruster package which maneuvers and docks with the



Table 2 Summary of Maximum Initial Tumbling Rates

Modular Space

Small Space

Mark II

Generation 1

Station Vehicle Oxbiter Orbiter

Collisons wx=0.6—2.lRPM wY=4.7—14.7RPM wY=0.3—l.09RPM wY=O.5—l.45RPM

wz=4‘7—14.7RPM
Escaping w,=8.9RFM w,=52RPY I.D. I.D.

Z Y

Atmosphere

w,=52RFM

Z
Escaping 0.4-4.0RPM I.D. I.D. I.D.
Fluids :
Hard Over Does Not Apply Does Not Apply 1 - 2rRPM 1 - 2PPM
Gimbal
Malfunctioning .03RPM wY=O.S-4.ORPM 0.5~4.0RPM I.D.
Thruster

I.D. = INSUFFICIENT DATA TO ANALYZE

91
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disabled vehicle if tumble rates are not too high. Operationally the
rescue craft "parks'" at an optimal position with respect to the turbling
vehicle. If a fluid jet is used the jet must impinge the structure
such that angular momentum is decreased. This requires careful aim-
ing and variation of jet intensity with time. Improper application
could increase tumbling and cause structural damage. If an automated
detumbling package is used it must maneuver to an anticipated ren-
dezvous point on the disabled vehicle and then track the intended
docking position while maneuvering in to make a fhard—dock." After
this is accomplished, thrusters on this device apply a sequence of
torques to the vehicle. This may be done optimally to use a minimum
of fuel or time to detumble the craft.

Before application of torqhe or initiation of maneuvering to
dock, it is necessary to determine the components of tumbling and
angular momentum. Since the disabled vehicle is passive (assuming
no autonomous devices were placed in this spacecraft for the specific
purpose of.measuring angular rates and/or stabilizing the vehicle)
this determination must be done from the réscue craft., Such measure-
mente are difficult to make, because angular components vary con-
tinuously with time in the general case. Three components of angular
velocity are required simultaneous to obtain the direction and mag-
nitude of angular momentum if the vehicle moments of inertia are
known. Otherwise, extensive measurements are required. This latter
situation is very likely to be the case if an explosion or loss of
propellant has taken place. Techniques which employ visual observa-
tions, radar scanning, and laser reflectors in conjunction with
onboard computers-are likely candidates for these measurements.
Special passive reflectors may be required on the disabled vehicle,
but these are small, simple devices which can be mounted before

launching all manncd vehicles.
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V. AUTOMATED EXTERNAL DETUMBLING DEVICES

Since the expected tumbling rates for large vehicles are relatively
low, a small maneuverable thruster package deployed from the rescue
craft could rendezvous and dock with the disabled vehicle while tum-
bling. A Module for Automatic Dock and Detumble (MADD) could perform
an orbital transfer from the shuttle in order to track and dock at a
preselected point on the distressed craft. Once docked MADD could
apply torques by firing its thrusters to detumble the passive vehicle.
This could be done in a minimum time or fuel sequence.

Design of a MADD type spacecraft is influenced by mission objec-
tives and systems constraints. It must. maneuver to, dock with, and
deturble a large vehicle with limited fuel, and it must be adaptable
to varying situations. Size is constrained by cargo bay dimensions
of the rescue craft and to some extent geometry of the disabled
vehicle. A preliminary configuration for MADD is shown in Figure 4.
This version is designed to use an existing docking port on the dis-
abled vehicle, althcugﬁ, there are some situations in which this is
not possible or desirable. Other types of éttachment devices may be
adapted for those cases. All subsystems are contained within the
octagonal structure and include control electronics, attitude control
gyros, comnand and telemetry, propulsion, power, and various sensors.-

The control system has three basic operating modes: trensfer,
dock, and detumble. During transfer from the rescue craft this
system maintains attitude and reorients MADD just before entering
the docking mode in which tumble tracking and attachment take place.
As soou as hard docking is accomplished the detumble mode is initiated.
During this last phase gyro controllers are locked and rate gyros are
used for attitude reference. A single propulsion system will satisfy
the requirements for transfer, detumble, and momentum dumping. Thrust
profiles during tracking and detumbling phases are computed by an
on-board computer based-on measurements frbm sensors and those taken

immediately upon completion of docking. Optimal sequences are
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generated in order to detumble in minimum time with limited thrust
when time is a criticél factor.

The operational procedure for the use of MADD consists of deploy-
ing the module, transfer to a rendezvous point, tracking a docking
port, hard docking, and detumbling. Before initiating this sequence,
the rescue craft crew must determine the.angularbmomentum and physical
state of the disabled vehicle. An optimum parking position is
selected for the rescue craft based on visual observation advantage,
propellant requirements for maintaining this position, and possible
transfer paths for MADD. Figure 5 shows a situation requiring a mini-
mum pfopellant requirement for the rescue craft. Both vehicles share
the same orbit but remain separated along the flight path. Once a
stand-off situation is established, MADD is deployed from the cargo
bay and the transfer phase begins. A general transfer profile is
illustrated in Figure 6. Direct observation of MADD is possible from
the rescue craft during the transfer pﬁase. However, during tracking
and docking radio and visual contact may be lost intermittently due
to occultation. The rendezvous point can be selected such that the
velocity of MADD at this point will coincide with the velocity of the
disabled vehicle reference point. This will eliminate the need for
a terminal maneuver by MADD before the tracking phase begins. The
rendezvous point should typically be about 3 meters from the docking
port. MADD thrusters begin firing'to maintain and then reduce its
distance to this port. Passive docking aids may be required around
the port for sensing relative position, orientation, and velocity.
This permits proper alignment during closure and docking. The process
is continued until capture latches are secured. After detumbling

crew evacuation takes place.

VI. AUTONOMOUS INTERNAL CONTROL MECHANISMS
Although detunbling by external means is a moreApositive technique
and requires little of the disabled vehicle, it may be desirable to

have internal devices which could at least lessen the tumbling motion
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before a rescue craft arrives. Such devices would become effective
upon loss of control and some could be relatively simple and light-
weight.

Devices for controlling tumbling may be active or passive.
Active devices use sensing instruments of some sort to command con-
trol torques. These systems require control logic and power. Typiéal
mechanisms ©Of this type are mass expulsion and momentum exchange -
devices. Another potential active control mechanism is a moveable
mass system. By varying . the position of a control mass properly,
(i.e., changing the moments of inertia of the spacecraft) tumbling
may be transformed into spin. Typical passive devices use the
"wobbling' motion of the vehicle to activate simple mechanical or
fluid devices which dissipate eﬁergy and lead to a simple spin state.
Possible passive mechanisms include viscous ring and pendulum dampers.

Mass expulsion systems for use as internal detumbling devices may
be of monopropellant or bipropellant type. The monopropellant type
appears to be more desirable since biprope!lant systenrs tend tc bs
heavier and more complex. The simplest means of orienting the
thrusters is to place pairs about each control axis. However, due
to weight limitations this may not be possible; in which case it
would be necessary to determine the number of thrusters needed and
the best placement of these thrusters. Two drawbacks of mass expulsion
devices are that they are massive and require an onboard power supply.
For long term storage they may have questionable reliability.

Momentum-exchange devices have found many applications in the
attitude control of satellites. The control scheme for momentum
exchange devices ié to store the unwanted turbling motions of the
spacecraft in the motions of a wvheel. The moveable mass system for
control of tumbling has been suggested for a number of applications.
~ The concept is based on the assumption that the components of the
spacecraft can move relative to each other. In the simplesf case a

control mass would move relative to the spacecraft in such a way that
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kinetic energy decreases to a minimum at which time the spacecraft
will be in a stable spin state. Once this state has been reached the
épacecraft may be despun with another internal device or by exterhal
techniques. A simple spin state might also greatly facilitate crew

escape.

VII. OPTIMAL DETUMBLING STRATEGY

The minimum time optimal detumbling of a distressed space vehicle
can be divided into the following categories: constraint on the mag-~
nitude of the control moment vector and constraint on the magnitude
of each component of this vector. The general problem of detumbling
considered here is to bring all three éomponents of angular velocity
to zero in minimum time. The first constraint category can be handled
with relative ease. The appropriate analysis was applied to an exanple
case. A collision between a modular space station and a Mark IT
orbiter was assumed with a resulting tumble of the space station.
Principal axis angular velocity components at commencement of external
thrust application by MADD were taken as 1.150, 1.750 and -0.445 RPM
about the 1, 2 and 3 principal axes, respectively. These values
represent a good test situation for the optimization technique used.
These components were brought to zero in about 7 minutes with a con-
trol torque magnitude of 3,390 N-m. Figure 7 shows a time bistory
of the principal axis angular velocities during application of the
optimum control moment. Figure 8 gives a time history of the body
fixed thrusts required at point X = 3,9m, Y = 0.8%m and Z = 18.3m to
give the necessary 3,390 N-m moment directed opposite to the angular
momentum vector.

The second type of constraint presents more difficulty in deter-
mining the optimum minimum time control moment sequence. In this
case, the analysis is not as easily accomplished, and the control
moment vector is not simply directed opposite to the angular momentum’

vector,
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VIII. = CONCLUSIONS AND RECOMMENDATIONS

A rescue situation involving an uncontrolled, tumbling spacecraft
'is a definite possibility and one which requires special techniques and
equipment. Such cases may require the elimination of tumble before
evacuation of crewmen. The two basic approaches to the control of
tumbling are concerned with external torque application and internal
autonomous mechanisms. Several conclusions can be drawn from this
study. These are listed below and refer to future manned spacecraft
.designs: '

1) Reflectors designed for tumble state determination should be
placed strategically about the outside of each vehicle.

2) Each new spacecraft design should be examined for possible
inclusion of moving mass and/or passive dissipative devices.

3) Passive sensors for MADD docking alignment should be installed
around all docking ports.

4) Realistic tumble rates are expected to be low, permitting the
use of small thruster modules such as MADD.

5) Internal autonomdus devices are desirzble but cannot be
expected to completely detumble the vehicle unless they are
massive. Thus, outside torque application should be antici-
pated for future rescue missions.

Several recommendations are associated with these éonclusions

and refer to new technology areas:

1) Development of MADD units should be considered in depth.

New technology will Be required for at least the automatic
control system and sensors.

2) Hardware components should be developed for use in determin-
ing tumbling rates through outside observations.

3) An extensive investigation of the properties of fluid jets
into vacuum should be made to determine feasibility and
application with respect to applying detumbling torques.

4) Simple and lightweight mechanisms should be sought for use as

internal éontrolling elements to aid in detumbling.
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Control concepts for MADD and new internal autonomous mechan-
isms are being investigated in the current study. New technoloeg
needed to make appropviate decisions regarding future space rescue

capabilities is th= primary chjective of this program.
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APPENDIX B

MOVING MASS SCHEMES FOR TUMBLING STABILIZATION

I. INTRODUCTION

Internal autonomous control devices for detumbling a space vehicle
can be broadly classified as active or passive. Passive devices use
the "wobbling" motions of the tumbling vehicle to activate simple
mechanical or fluid devices which dissipate energy and lead to a
simple spin about the maximum moment of inertia axis. Several types
of these devices, such as the viscous ring and pendulum dampers, have
been discussed in the literature. However, these devices are most
appropriate for vehicles which have a higﬁ'nominal spin rate about
one axis. Active devices utilize sensors to command control torques
to effect detumbling. Two examples of active control devices are
mass expulsion and momentum exchange control systems. Mass expulsion
systems require onboard storage of propellant and may not be reliable
on a long term basis. Some momentum exchange devices may require
continuous operation since startup would be difficult once a tumbling
situation has occurred. These devices also have a tendency for satura-
tion in large corrective maneuvers. One attractive tumbling stabiliza-
tion device is the movable mass control system. This device moves a
control mass, according to a selected control law, in the force field
created by the tumbling motions. By moving the mass properly, tﬁe

kinetic energy of the system may be increased or decreased creating
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simple spin states about the minimum or maximum axes of inertia,
respectively; This would greatly faciiitate crew escape or ‘final
despinning by another means.

The treatment of méving masses inside a rigid main body has been
treated descriptively by Grubin1 and Roberson.2 Grubin developed the
equafions of motion with respect to the main body center of mass while
Roberson developed them with respect to the composite center of mass
of the system. Kane and Schefssuggest using the effect of a movable
mass to control a tumbling vehicle. Childs4 has designed a movable
mass control system for use in a space station which operates in an
artificial -g mode. However, this control system is designed to damp
out only small transverse tumble rates. Lorell and Lange5 have developed
an automatic mass-trim system to counteract sensor-vehicle misalignments.
However, this analysis, and most reports on the subject, make the
assumption of either small transverse tumble ;ates which permit
linearization or assume a symmetric vehicle. These assumptions negate
their validity for the general case of an asymmetric vehicle with
arbitrary tumble rates.

It is the purpose of this report to develop the equations of
motion of an asymmetric vehicle with attached movable mass and develop
a control law which is applicable for arbitgary tumbling motions. A
control lav is selected and an example case is presented to demonstrate
the feasibility of a movable mass control system to convert the

tumbling motions of a vehicle into simple spin.
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II. EQUATIONS OF MOTION

The equations of motion of a rigid spacecraft with an attached
movable mass are developed in this section. In the following aﬁalysis
%;'? implies differentiation with respect to an inertial.referencé
frame and [%] implies differentiation with respect to the body fixed
reference frame.

The generalized angular momentum equation for a rigid body with
n moving masses is

P

M=H+8%x2a 1)

e

where M is the external moment , ﬁ>is the angular momentum of the system,
S is the first moment of mass of the system, all with respect to an
arbitrary reference point moving in an arbitrary manner, and 3 is

the inertial acceleration of the reference point. Equation (1) reduces
to the standard equation M= %E H for the usual cases where the
reference point is fixed (@2 = 0) or is the systems center of mass

(S = 0). For the case of a rigid body with an attached mass, a more
convenient choice of reference points is the center of mass of the main
body. Mass motions can tﬁen be specified with respect to the main

body center of mass instead of the system center of mass which will

be moving with respect.to the main body..

For the case considered here of a main body having one attached

movable mass with no external torques, Equation (1) reduces to

S H+S x's = 0 o (2)
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The system geometry is shown in Figure 1. The angular momentum of the

main body, H%, with respect to its principal axes is

- A N N . J
Hb = Ilwli + Izwzj + I3w3k 3

A oA A
where i, j, k are the unit vectors along the principal axes, and Wy,

wz and w3 are the angular rates about these axes, respectively. Therefore,

d = 2. -
P N
L F oo +ow, (1. -1)]23 (4)
gt bp = [gwy Fogey (I3 - I)1 1
+ [Iw, + (T I)]"‘
oWp T W03 ULy = 2300 ]
+ [I3w3 + wlwz (12 - Il)] @

This portion of Equation (2) corresponds to the normal Euler principal
axes equations.
The angular momentum of the point mass with respect to the main

body center of mass, Hm, is

o o dr
= H + m —
m m about its own rx dt (3

center of mass

==t

With the assumption of a point mass H ;
it € sumpt p m about its own center of mass

is equal to zero and we may write

24
d &+ _ = d7r
i Hm = mr x o . (6)
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COMPOSITE
CENTER OF MASS

MAIN BODY

INERTIAL ORIGIN

Figure 1. Main Body and Attached Mass System Geometry
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2. .

The term'g-§ is the acceleration of the point mass with respect to the
dt

main body center of mass. From Thomsone,

d2

dt2

=l

—

=Ox B xE) +DXxT+2WxT+7T. ¢))

The first term of Equation (7) is the centripital acceleration, the
second is the tangential acceleration, the third is the Coriolis
acceleration, and the last term is the acceleration of the mass
relative to the main body axes. The total angular momentum of the

system with respect to the main body of mass is
ﬁ:ﬁb+nm_ ' (8)
The first moment of mass is given by

-

S = nf = m(xi + yﬁ + zk) )

Note that the main body does not contribute to the term since the
reference origin is its own center of mass. The inertial acceleration

of the origin is from Figure (1),

2 2 2
‘559——5R0=9—5R—§En (10)
dt dt ¢ ¢
lHere
&L g __F
+
dt2 c M m

where F is the resultant of external forces acting on the system, M

is the mass of the main body, and m is the mass of the moving mass.
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From the definition of center of mass, we may write,.

With the aésumption of no external forces, Equation (10) becomes

m d2 bl ' '
e, r
M+m dt2 (11)

a:_

Combining Equations (6), (8), (9) and (11) into Equation (2)

- or

yields
2. 2.
d = -~ dr - : m d’r
- + mr x —< + mr x (- —) =0
dt Hb dt2 M+ m dt2
Combining terms yields
2
i b Tt nen X 210 (12)
dt
It is useful to define the term
_ M
[V
as the reduced mass, and
2
f=u-c'1'"é-'f
dt
as a "pseudo-force.'" Substituting these quantities into Equation (12)
yields
Lg +urxt=0 (13)
dt
S =-yx*¥ (14)
dc
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From Equation (14) it is apparent that the dynamics may be thought of
as those of a rigid body being acted upon by a reaction "pseudo-moment"
of - u? x f which is a resulf of mass motion.

Expanding Equation (13) yields a set of three Eoﬁpléd,‘highly'
non-linear differential equations for the system dynamics in terms
of the angular rates of the main body (wl, Wy s w3), the principal
moments of inertia (Il, 12’ 13), mpvable mass position (x, y, z),

velocity (x, v, z), and acceleration (%, ¥, z). All of these quantities

X

are with respect to the body fixed principal axes (Xl’ 29 X3,

respectively). The equations are:

[I‘ _"/:‘_L ’k\/2+22):| U'.H -+ [-l-’j ~_Iz _\_/U-(\/?-*E’Z)j‘ U)Zw‘j,
N

. . . ‘ 2 2
T [—xywz —~ XZUlx + (Z\/‘\//+ZZZ)‘JJ\ Tyz (wy = ‘«U;\) (15)

-2 %Yu& ~ L NE g - NELo Wy %-Xyﬁﬁwa-fy§~—zﬁ] = 0

9

[ Io + p(z"s ,},\z}] Gy + [ I P T XL)] o, Loy

N . PO ~ W — v 2 K3 .
ﬂ-f([—V%Lu3~quh R i)X)(ya + EX (W, ~Uw3) (16)
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[-_[-5—+/LL Lx2—+\/2§] Wy + [IZ—I\ +/,k(x2—yz\ ] W, ws
+/u [~2xw\ ~ZY W, + (2%X 4 2\/\1,*\ Wy T ouy (w2 wy?) (17)

~2FX W, -2 i‘-\/ g = BV WAy + X Wa vy + ‘/\\/-\/"f\] - 0

i

Thus, for prescribed motions of the control mass the resultant motion

of the main body may be determined. The equations are valid irrespective

of the physical mechanism whereby the control mass executes its motion.
The expanded form of the "pseudo-force", f, acting on the mass

and reacted to by the main body is

K-2 \/Ws T éwz s‘\/! /”03 - ZU:)Z "f‘\/LU"UJ?’ + Zw Wy — X(LUZ:‘?‘{A)BZ)]

WLZ = [Y ~2ZW, TRy - E W, + X Li)5 4 Flwp W, + x(JJZL,«);\/(U}-}Y‘!&;\{".]

-F'S = [ 2 -2 7( Wwe <2 \/ w, ~ X(_".‘J‘a -+ \/ LL.)‘ Xy Wy \/ s iy vrg(w‘?q.w?_z\,]

To develop the expression for the kinetic energy of the system with

respect to the composite center of the mass, consider Figure 2. The

4o
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kinetic energy is defined as follows,

T =

l.N;1 . dri dri ‘
2 idt © dt

1

(21)

where the main body is considered to consist of N masses of mass m, and

the (N + 1) mass is considered to be the control mass. From Figure 2,

Equation (21) then becomes

-1 d gy2 41 d
T=5 @+m (TRIT+S E m, (

The first term us the kinetic energy of the composite center of mass,
the second term is the rotational kinetic energy about the composite
center of mass, and the last term is zero from the definition of the

center of mass of the systemn.

energy, therefore,

rot

From Figure 2.

and

I, =R _+9p

-

i c i

N+1 . N+1

i=1 i=1

Consider only the rotational kinetic

+
hzl m Cg- 9] )2

) ivde Fi

i=1

N

2w G Py Ay mC B
j=1

¥ =¢% -7

m C

p. =9, - 7

(22)
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Figure 2. System Geometry for Determination of System Kinetic Energy
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From the definition of center of mass,

Substituting these relations into Equation (22) and simplifying yields

1
T T2

d_ = 1 mf 4
rot i m, ( ni)2+ 2 ( r)

i‘de m+ M

™~ =

1

The first term is the rotational kinetic energy of the main body about
its own center of mass. The second term is the rotational kinetic
energy of a 'pseudo-mass' with respect to the main body center of
mass. Theréfore, the rotational kinetic energy of the system about

the composite center of mass is,

1 2 2 2 I 4 .2
'1‘rot = 2(Ilwl + Izwz + 13w3 ) + > u( it ) (23)
or in expanded form,
Trot = %— (Ilwlz + I2‘*’22 + 1y0.0)
g (24)
T N T XA Uy C A U A R L
2 2 3 3 1 1 2

The expression for angular momentum with respect to the composite

center of mass may be developed similarly.2 The result is

- - - d '3
R =TI %+ =~
c HE X 4t

Ll

where I is the inertia dyadic. It should be remembered that H in
Equation (8) is the angular momentum with respect to the main body
center of mass, whereas ﬁc is the angular momentum with respect to

the composite center of mass of the system. The equation of motion
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would be
—H =0 (25)

if the composite center of mass were chosen as the origin. Since
Equation (25) indicates that H = constant, this may be used to
determine the accuracy of a numerical solution to Equations (15) -
an.

Since the movable mass control system is to décreagefthe
kinetic energy of the spacecraft, the rate of change of the rotational
kinetic energy may be developed. If Equation (24) is differentiated
and simplified using Equations (15) - (17), the resuit is found to be

independent of the main vehicle properties (Il, 13) and depend

12,
only on vehicle and mass motions. The result is

—r—

. RS 2 o R , z ‘ Y 2
Lot = fb[%ﬂﬂ'fii)LM\ - (&zﬂ‘XX)uQ = (X0 gy ) W
+ (\,'(\’/ ~.L_\’/ ) ud Wy (v E '}_\{:\ ey + (XZA 2A) W Ly (26)

GRS EATRERER SR S O T R S AVEE: ,]
Comparing Equation (26) with Equations (18) - (20), the following

relation is verified.

3 Q7

=iy

rot
This surprisingly simple relationship will be used to develop a

control law in the next section.

I11. SELECTION OF CONTROL LAWS
Equations (15) - (17) determlne the attltude motions of the space-

craft for specified motions of the control mass. It is the function
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of the control law to relate the motions of the control mass to
measurable vehicle parameters so that the control mass may respond

to vehicle motions in an appropriate manner to lessen tumbling. A
satisfactory control law should not be unnecessarily complicated. It
shquld, however, require detefmination of measurable vehicle parameters,
produce stable responses, and result in a final state of a simple

spin about either the maximum or minimum moment of inertia axes. In

the following analysis, the vehicle is assumed to have three distinct
moments of inertia. Il’ 12’ and 13 and the relationship I3 > 12 > I1
is assigned to these quantitites.

By inspection of Equations.(lS) - (17), the equations of motion
for an asymmetric vehicle with attached movéble mass are extremely
complicated due to their highly cdupled and non-linear nature. Since
the initial tumble rates may be large about all three axes, the
equations of motion cannot be simplified by linearization. However,
several simple cases were identified and will be discussed before
considering the general case.

The first special case requires that the motion of the mass be:
along a line parallel to and offset a distance b from the X3 axis
and passing through the X, axis. Equation (15) becomes

+ u(b2 - ZZ)] W,

Lz 2°3

2

2 2 .
1 + ud” + z7)] Wy + {13 - I

(28)

+ 2y zzw, + ubz(w32 - w22) + ubz = 0

1

Suppose the control law is chosen such that

z = cw,;. (29)
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Substituting this into Equation (28) with the assumption, I1 >> uczwlz,

Equation (28) becomes

[1, + ub’] . 9 (L, - 1, - 1?2]
1 TTme wy g7 =Wy wy = “lbc Wyly

(30)

Equation (30) indicates for the case Where Wy > Wy, Equation (29)
will result in damping of Wy to zero producing a stable spin about
the maximum moment of inertia axis. The control law given by Equation
(29) would be easy to implement, requiring measurement of only z and
w, - The mass would oscillate about its equilibrium position with
decreasing amplitudes since wy would be damped. The control mass
would return to its zero position when wy equals zero and a flat

spin is reached. For the case of an érbitrary tumbling spacecraft,
the assumption W, > wz cannot be made and Equation (29) does not
provide a satisfactory control law. However, the result may be
useful in designing a control system for a space station which has an
artificial -g mode where the spacecraft has a large rate about one
axis, say Wy, and the control system is to damp out small transverse
rates.

Since a flat spin about the maximum moment of inertia axis is
the minimum energy state of thg system, it is evident that Equatién
(29) produces a dissipation of energy. The second specialized case
demonstrates that a movable mass éontrol system may increase the

energy of the system to the maximum energy state. The vehicle would,
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therefore, be in a flat spin about its minimum moment of inertia axis.
For this case the motion is to be along a line oriented parallel to -
and offset by some distance (a) from the Xl axis and passing through

the X, axis. For this configuration Equation (17) becomes

2 2 . 2 2
[13 + u(x" + 1)1 Wy + [I2 - Il + p" - bv7)] wlwz

. (31)
+ 2u X iw + ub x (W 2 _ w 2) - ubx =0
Suppose the control law is now chosen toO be
X = clg. E (32)
. . . . 2 2
With this choice of control law and the assumption 12 >> Uc Wy s
Equation (31) becomes
2
[T, +w) ) X [12—11+1Jb]
Wy = e Wy + (wl - W, ) Wy = wlw3 (33)

ubc
Equation (33) indicates that if the product (be) is chosen such that
(bc < 0) and the special case of wy > wz, Equation (32) will result
in damping of wq to zero and produce a flat spin about the minimum
moment of inertia axis (Xl)- The properties of the control law are
similar to those of Equation (29).‘

The two preceding examples have demonstrated that the movable
mass control system may increase OT decrease the energy éf the system
and produce a flat spin about eitﬁer the minimum or maximum moment
of inertia Qxisf They also indicate that possibly the proper orienta-

"tion for the direction of motion of the control mass is parallel to
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the desired fiﬁal spin axis. However, since the initial tumble state
of the vehicle is not known, the necessary assumptions may not be

made for the general case of tumbling. The control laws given by

Equations (29) and {32) are, therefore, attractive but inadequate in

their simplicity. Therefore, a control law was searched for which
Awoﬁld result in a flat spin, irregardless of initial conditions.

It was also determined that although the control system could éossibly

force a flat spin about.the minimum moment of inertia axis, the control
system should produce a flat spin about the maximum moment of inertia

axis due to its inherent stability in the'presence of dissipative

forces.

The development of the control law starts with the theory of
Liapunov stability. From Reference 7, the system of differential
equations produced by Equations (15) - (17) and the control law
which is selected is completely stable and approaches its
minimum state i1f there exists a scalar function, V(x), where x is the

state wvector of the system, if

1) V(x) >0 for all x # 0
2) V(x) <0 for all x

3) V(x) »® as || x || > o,

For physical systems, a convenient scalar function to use as a
Liapunov function (V(x)), is the rotational kinetic energy of the
system due to its inherent positive definiteness which satisfies

conditions (1) and (3). The rate of change of rotational kineticenergy-



44

is given by Eduatioﬁ (27) which is repeated here.

rot = E° f (34)

Consider the case where the control mass is restricted to move along
a line parallel to the X3 axis, and offset from this axis as shown. in

Figure 3, For this case Equation (34) simplifies to

Trot = zf3. (35)

Thus, if the control law is chosen such that
f3 = - Uez _ (36)

Equation (35) becomes
T = - ueéz (37)
which satisfies condition (2). Using Equations (36) and (20), the

resulting equation of motion for the mass is

. . 2 2 . .
z + cz - (Lul + W,y ) z = aw, - bwl - awgw, - bm2w3 (38)

This equation would decrease the kinetic energy of the system, and

the forcing function of Equation (38) would vanish when a final

spin about the X3 axis would be reached. However, due to the negative,
decaying coefficient of the "z" term, the mass would not necessarily
return to its equilibrium position (z = 0). Therefore, it is desirable
to modify Equation (36) to return the control mass to its zero position.

If the control law is chosen such that

' 2 2
f3 = - 'p_clz - pz(cz + wl + (1)2 ), (39)
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the equation for the mass motion becomes

z + clg + c,z = amz - bwl - aww, - bw2w3 (40)
For this selection of control law
d _ .2 . 2,2
Trot = - Heyz uzz(c2 + w,” o, ). (41)

Here, the formulation departs from the Liapunov method since the

second term‘of Equation (41) is not negative semi-definité. Since

the first term will be decreasing the energy and the second term will
be oscillatory, increasing and decreasing the energy, and if the

¢y an& ¢, are chosen properly the secular negative semi~definite

term will dominate. In the next section it will be shown that while
during a small part of the mass cycle T > 0, the T <0 portion dominates
over the complete cycle. If every mass cycle has a net negative value
for i, the system will approach its minimum énergy state aﬁd be in a

flat spin about the maximum moment of inertia axis. From Equation

(40), the mass will be back at its zero position.

IV. RESULTS

To demonstrate the feasibility of the movable mass control system
using the control law given by Equation (39), the Modular Space Station
(MSS) Qas chosen as an éxample vehicle. The properties of the MSS are

listed below.
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= 5,152,800 kgm® (3,799,958 slug £t2)

I =

I, = 6,275,568 kgm® (4,627,993 slug ££2)
1, = 6,742,032 kgn® (4,972,048 slug f£t?)
M = 99,792 kg (220,000 1b)

Thg weight of the control mass was arbitrarily chosen to be O.l%.of the
MSS mass.

m = 99.792 kg (220 1b)
The offset distances, (a) and (b), and the constants, (cl) and (cz)

were arbitrarily chosen to be

a=9,144 m (30 ft)

b =9.144 m (30 ft)
_ -1

¢y = 1.0 sec

c2 = 0.01 sec_2

The initial rotation rates were arbitrarily chosen to be

©,(0) = w,(0) = 0.955 rpm

w3(0) 4.0 rpm

Using equations (15), (16), (17), and (40) with the above choice of
parameter values, the system of differential equations was solved using
a fourth order Runge-Kutta algorithm on the IBM 360 computer. The
results are shown in Figures 4 and 5.

Figure 4 shows the envelopes formed by the oscillations of thé w's.,
As can be seen from Figure 4, wy and w, oscillate with decreasing
amplitudes while wa approaches its steady state spin value. The envelope

of oscillation of the control mass is shown in Figure 5. As can be
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seen from this figure, the control mass oscillates about its zero
position with decreasing amplitude which approaches zero. Thus, the
ability of the movable mass control system, using the control law
given by Equatioﬁ (39), to reduce arbitrary tumbling to a simple spin
about the maximum moment of inertia axis has been demonstrated. From
the computer results, it was found that over a small portion of the
mass oscillation cycle the rate of change of rotational kinetic energy
was positive. Over the entire cycle, the negative contribution
dominates and results in a net decrease in kinetic energy. While the
maximum amplitude of the mass - oscillation may be excessive for this
case (15m), the maximum amplitude may be adjusted by a proper choice
of the parameters ¢y and Cpe

The rate of change of kinetic energy is given by Equation (41)
which is repeatea here

2 2

M 2
T = - Mc, 2 uzz(c2 + wy + W, ) (41)

From Equation (41) it seems that for a large rate of change of kinetic
energy and, hence, fast approach to a simple spin, the parameter cq
should be chosen large aﬁd c, should be chosen small. However, con-
sider the left hand side of Equation (40).

z + c,2 + c,z = F(Q, w) (42)

Equation (42) may be thought of as the edua;ion for the forced motion
of a spring-mass-damper system. In this analogy, ¢y corresponds to

the damping constant of the damper -and ¢y corresponds to the spring



51

constant. If c, is chosen large as Equation (41) indicates, this

1
increases the damper strength and limits the velocity of the control
mass. Since the first term of Equation (41) is uclzz, an increase

in ¢, may result in a net decrease in the magnitude of this term.
Also, if ¢, is chosen small as Equation (41) indicates, this decreases
the spring strength and increases the amplitude of oscillation of the
control mass. Thus, it can be seen that the parameters 1 and ¢y

must be chosen carefully, considering not only their effect on Equation

(41) but also their effect on Equation (42). Effort is being directed

towards finding an analytical method for choosingthese parameters.

V. CONGLUSIONS

A movable mass control system to convert the tumbling motions
of a spacecraft into a simple spin has been studied. The equations
of motion of a rigid spacecraft with attached control mass have been
formulated and a control law has been selected. For an example,
spacecraft and initial conditions it has been shown that the movable
mass control system is capable of decreasing the kinetic energy of the
system to its minimum value and result in a simple spin about the
maximum moment of inertia axis within one hour. This control systeim
would become active upon loss of controlt Future work will be directéd
toward establishing control system sensors, power, and energy require-
ments. Also; work will be directed towards establishing analytical
methods for choosing control system parameters to obtain a control
system which operates within established limits of mass amblitude and

other constraints while still detumbling the spacecraft in a reasonable
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time. Also, methods of despinning the spacecraft after a simple spin
state is reached will be investigated as to their feasibility and

practicality.
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APPENDIX C

OPTIMIZATION OF MOVABLE MASS CONTROLS

I.  INTRODUCTION

A general time history of internal controllmass motion in a
tumbling space vehicle to achieve simple spin about an axis of the
body is not available. It would seem feasible to use optimization
techniques to solve the nonlinear differential equations with initial
and final conditions on the state variables. Time minimization was
initially attempted. However, the minimum time condition was being
satisfied at the cost of the mass positionh constraining penaity
function. The optimization was subsequently changed to minimization
of the mass position for a fixed time. This change yields better
results, but further work yet remains in order to obtain satisfactory

mass position time histories that convert tumbling to simple spin.

II. ANALYSIS
The vector equation of motion for a rigid body with internal

mass movement whose coordinate system is located at the center of

mass is
- S —_—
M=H+Sx3a
where
M = External moment
- 3
H = Angular momentum of the spacecraft including
the movable mass
o . -
S = First moment of mass of the system
-
a = Acceleration of the spacecraft center of mass

(not including the movable mass).
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Therefore, for no external torque, the equations governing the motion
of a spacecraft with a movable mass (along the x axis) for a body fixed,

spacecraft (less mass) center of mass located coordinate system are

G [van (x> emar + x¥emea - LY
4 VBB(X CMB| + x2 CMRL + )(3(‘_(”\(‘33 + CMGU)
+ VCC ()( SMey v Xt amea * X> cmed + CMC-'%)]
[ vo/al)

\:J\} = [\/ﬁﬁ (x CNAL + X*CwRa + X2 Qa3 ~ CNRH>

+\18i¢‘.>(>< Nl +X CnB2 - CN*&?’:)
+ Ne¢ (x cwel + xPanca ¥ CNC’:’)] [ "D/\ 5\]
w, = [vm (g\c?m w X eeam + XD LPAD & CPF\‘-*)
- 5 & -
* N8B (yxcppl »xTCRER + CPE3)

+NCe (x cpcy + XU aeca + U“"‘v‘i%)] [ LD/Ui‘J

where
i 2 2 ey o
VR = w‘}y W i)Y 4+ i SRR \—‘wa»% ((.\»«’\Rs
+ AW (\'~\> * Wx (cwas + X cwé\&)

+ u“e:b\.)_ﬁ CLwpu w‘*ﬁ )2 Cwig

¥ Wi K CWRKR

’ 2, o ‘
VBB T Wy (Qwa\ + X C\-J&&) W (C-W\:wé ‘*’XC"J(“:“)
: CoAa .
+ Ly W’B CWRE LIy Wy (C,wi?;s{a > X CwiaT
4 Wy g (Cwi‘bi; + X c.wi’;‘i) B AR L‘“‘_’”B\D

F X CrveBW



55

vee = w: (c.wc_\ + X cha) e ui; (CMIQS-\—X cwgq)
+ W ey <ch.3 + xnc.wc.(a) + Wy W, cwe

+ w‘cwz (c.wc,% + X cwcq) -+ wlx >< Cwcyo

ve

* X Cwely

\&] = quR CAZ - x3 cAax3 +x1,u. QA +FXCA2 A+ W)
Ca3 = T,

C33 T - AT, mty — A Ty mle

x -2 . 3

A . 2 -
+ Loz +'£“EM»-4(\E L, 2 !—Q..L\%EM/\gz
a 2 —
; -2 T - A YXyg- 2 - AL T, M

- T ‘ - 2T T A -2 }f‘ 1.2
e s e Sl T 2 A4y
a_ 3
2Ty, 1“3 Mg = A Tyxg M Z

- =2 — .. X -

— - _ N

-2 LXLA I‘X"E‘L‘kz +IXI'~§ ,u.u:z +LX13M2

§



56

CWRAY = M3

Cweg = Y..x}

Cw 9

¥
oL

L Bio "‘QM
Cwp\w s — M2

cwetr = IX&.‘\:

cwCca = ,LLU(\g



57

cCwel = ~-T,

Cwey = —M:i,
cwes= —'-I\.b__--»t.x-f-uu\:
Cwiel T — .
ch%:1%%+gma
Cwe g = ..]_-_xz

cwedT = .z
CwWeld= -2 u

Cwcit = ).J.\.\’

cCMRAL = X%M +To M +M2;}’“+ w2 g?

CMAX 2.

C™MAZL 2 T
p

emB =

CMme A= Y_,HTM
4§
C.h'\@:&z ,A/,‘a;q
df
CMBEY = T 2
uéa 'Sl“+1” U\w&a-k'_{_% *KXBM\
C‘V\C.& = \%7 M\% b /U\ ‘IJ\ & ~ I\% “r ,/.&1-23
i

CMC2 T 0 =

wr

@ = T
cwcy -x~} 4.2 +—\~x\» .,32 +“L‘>Ix2 + I, xz M2
cvnl s L, Mz = +I 2
R e S
CNR2 =T L,
¥
CNAZT M

cNfAYy = T o, T + T Mo 2
TIPS X2 2 + T, +X



58

i

CNBD
CNR3

. ©,
Lo v m

il

F 2
IXIZ +1X M\alﬁ- I«e M\.&z *‘MQ}}\“" IZ MR
2
RV A& 2z - J:X 2
cNney = T Mau + I
CNCa = AN A}’E

<Ne3Yy=E T, T, +X, T, + T, v + T T e
X2 by X =z x + 2 w2 %

CeRn = T,, u

CPR 3T ™ 3z

Ceny = T,y Lo v Ty, muwz + T 1. T 2
Xy g2 x4 % L dxe v Ixg ez
CPa1L s Ty, My + I ALCE

2
2 3 2 2 3
+ o o T, T O+ MR
¢ - e ¢
P el ~\«\.E:x\,4‘MV\
I ¢
- 2 2
CRIXNT LxAMm w73
' A — 2 2 2 2 - 2 2% -2
= T + T,y >Louw o T+l 2 + 2 o~1
CPCB XI\A ® L "8 V& A} vé - A .;\3
e YA
AN = -
A e
The basic symbols used above are
wx = angular velocity about the x axis
wy = angular velocity about the y axis
w, = angular velocity about the z axis
X = position of the movable mass from the center of

mass of the spacecraft (less this mass)
X =‘dx/dt
X = d?x/dt2
m = mass of movable body

= mass of spacecraft less that of the movable mass
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position on y axis of the movable mass

«
[}

position on z axis of the movable mass

N
]

I, Iy’ Iz = moments of inertia

Ixy’ Ixz’ Iyz = products of inertia,
The equations of motion were put iﬁ a form necessary for the application
of optimization technqiues by substituting B for X and u for é and
adding two more first order differential equations

x =8

B = u.

The term u is now the control variable and W s wy, wz, x and B are
the state variables.

The solution of the five first order differential equations for
wy(tb) and wz(tb) approaching zero (terminal conditions) was obtained
by minimizing the x position with a first order gradient method.

A first order gradient method must be used since the initial guess
of control histories may be far frgm the optimal. The parameter

to be optimized was written as

t 2
= | PLx 4

t X
(e} max

ITI. RESULTS

The approach listed above was attempted for various postions

and movement axis of the mass. The best results for the space station as far as least

maximum mass position is concerned, were for the mass moving along
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the z axis of the NAR coordinate system and displaced +15 feet on NAR
y_axis and -15 feet in the NAR x axis. This position of the mass
necessitates an external tube for the mass, but it provides for greater
maximum positions and greater displacement on all axes from the space
station center of mass. For initial angular velocities of w, = .176
fad/sec, wy = .097 rad/sec and w, = .096 rad/sec (based on axis used in
equation derivation), the maximum position of a mass 1% the weight

of the space station required to reduce the angular velocity on the

y and z axes by 107 is over 400 ft. from the spacecraft center of mass;
but, the terminal time set was 35 sec. .Indications of other digital
computer runs indicates that increasing the terminalbtime permits

lower maximum mass positions. The example mentioned above required

-206 sec of computer time. However, setting a terminal time of 5 to 10
minutes, as seems necessary to keep the mass position small, necessitates

very large computer time.

IV. CONCLUSIONS

Minimizing mass position gave the best results to date. However,
.the computer time that seems necessary to arrive at satisfactory results
will be very large. Attempts will be made to lower the computer time
needed to solve the equations of motion for fixed terminal time. Also,
the optimization techniques will be refined. The feasibility of using
a hybrid computer will be investigated. One of these approaches may
yield the tools needed to reduce tumbling to simple spin by using a

‘low weight movable mass moving inside the spacecraft.
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APPENDIX D

FLEXTBILITY ANALYSES AND SIMULATIONS

I, INTRODUCTION

Consider the possibility that a future manned space vehicle
assumed an ugcontrollable, tumbling mode of motion. In order to
detumble the spacecraft to a state of simple spin about one axis,

a certain amount of energy must be extracted from the tumbling
craft. This appendix deals with an inherent source of energy
dissipaﬁion; the energy associated with the elastic deformation of
flexible appendages. Though the rate of energy dissipation due to
flexibility effects is small, its magnitude will be examined. The
effects of increasing the amount of flexibility, the number of
elastic appendages and the size of the flexible appendages on a
;umbling spacecraft is the primary consideration here. Future
spacecraft design should take into account the effect flexibility
has on control systems and overall spacecraft dynamics.

Many methods have b?en employed to study the motion of nonrigid
spacecraft. An extensive review of the techniques used in dealing
with flexibility has been éreviously completed.l Reviewing the '"state
of the art" of mathematical formulation of nonrigid spacecraft each
formulation would fall into one of three categories: (1) discrete
coordinate formulation; (2) vehicle normal-mode coordinate formulation;

.and (3)>hybrid—coordinaté formulation. Each of these categories can

describe the mathematical analysis to be used when a spacecraft is
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modelled as one of the following: (1) a collection of rigid bodies;
(2) a quasi-rigid body; or (3) an elastic body.

Many spacecraft are simple in nature and they can be modelled
as a collection of rigid bodies. The motion of the spacecraft
would be described by a discrete-coordinate formulation. Since
relative motion between the rigid bodies takes place under general motion energy
dissipation from the system can be expected and is described either
by the use of the energy sink method or a damping factor associated
with a damping device. (e.g. a spring-mass damping mechanism). The
energy sink method assumes that a definite quantity of energy will
be dissipated from the system over a set interval of time in the
absence of external forces or torques on the system. This can be
done with good results whenever the rate of energy dissipation is
small. In the cases where elastic deformation of flexible appendages
are small, the energy sink method has been emﬁloyed to describe the
energy dissipation due to the elastic deformations. The subsequent
analysis of the spacecraft attittude motion can then be accomplished.2

The discrete-parameter formulation of the spacecraft is still
the most accurate method. However, when the space vehicles become
large and more rigid bodies are needed to model it, this approach
becomes impractical from the computational point of view.

If the space vehicle were completely elastic (e.g. a slender
missile), a normal mode formation could be used. The vehicle normal
modg formulation was described in reference (1) and is not used in this

report.
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. A space vehicle with flexible appendages can be modelled as a
quasi-rigid body. The mathematical formulation used to descriBe the
spacecrafts motion is a hybrié;ccordinate method. This method is
used in this reporﬁ to analyze the effects of flexibility. The
hybrid-coordinate formulation combines the generality of the discrete-
coordinate approach and the computational advantages of modal coordinates.
By using the hybrid coordinate formulation, it is possible to describe
the rigid main body by discrete coordinates and the flexible motion
of the appendages by normal mode coordinates.3

Quasi-coodinates are quantities whose differentials may be
written as linear combinations of differentials of generalized
coordinates and t‘.ime.4 Lagrange's equations of motion in terms of
quasi-coordinates are used to describe the motion of the whole vehicle.
The appendage's equations of motion are obtaiqu from Lagrange's
formulation using generalized cooerdinates associated with the normal
mode method. This approach is still quite general in modelling
flexible appendages. Should the vehicle have internal damping.
mechanisms or extgrnal torques, this approach will accommodate these
possibilities. However, the present problem excludes all other
types of energy dissipation mechanisms except flexibility effects
and assumes no external torques are presegt. The tumbling space-—
station will therefore be experiencing moment-free motion. The
generality of problem is increased by assuming an asymmetric main
body. The moﬁion of a rigid asymmetric body under a moment-free

condition is mathematically described by eilliptical functions and
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geometrically by a Poinsot ellipsoid rolling without ‘slipping on an
invariable plane.2

The hybrid-coordinate formulation has the means of incorporating
damping.

Knowledge about how materials dissipates energy and provide
damping in dynamical systems is still incomplete. The mathematical
description of damping is only approximate at best. In the next
Section, a discussion of damping factors in elastic systems will be
presentéd. It will show how to incorporate a structural damping
factor into the hybrid coordinate formulation. The structural damping
factor can be and will be used in the Lagrangian formulation of the
flexible appendages. Structural damping will model the means by
which energy will be dissipated from the system. Due to this damping
term, the deflections of the appendages will decrease. This will
cause changes in the angular velocities about\the three body axes of
the tumbling space vehicle. It is these changes which are being
investigated in this study.

Three configurations of a space station with flexible appendages
will be analyzed in this work. The first will be an asymmetric rigid
main body with four éymmetrically placed beams about the axis of
greatest moment of inertia. (See Figure i). The second will be an
asymmetric- rigid body with three beams placedlsymmetrically about

" the axis of greatest moment of inertia. Here, two beams are placed
along the axis of gréatest moment of inertia. The third cénfiguration

will be the NAR modular space station with the large solar arrays.
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The work that has been cdmpleted concerning these three con-
figurations will be presented in this report. Theory and background

material relevant to this'study will also be given.

II. ENERGY DISSIPATION. MODELLING

All realistic structures constitute a nonconservative system to
maintain a constant energy, an external source must supply energy to
tﬁe system at a rate equal to the rate of energy dissipation.

While mass and stiffness are inherent characteristics of a
system, damping or the forces which dissipates energy may not be
classified as such from the outset. Damping forces may depend
upon the vibrating system as well as on elements exterior to it.

The formulation of expressions for the damping forces poses a dif-
ficult problem that still requires extensive research. The nature

of damping is usually described as one of the%following: a) structural
damping; b) viscous damping; c) coulomb damping.

Structural damping is due to the internal friction within the
material or at connecticns between elements of a structural syétem.
The resulting damping dorces are usually given as functions of strain,
amplitude of deflection, or frequency of Vibfation.

Viscous damping is the force which impedes vibrational motion

in a fluid. Viscous damping is expressed as; FD'= cjuj in which

 the constant cj characterizes the jth damping mechanism.
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Coulomb or dry-friction damping results from the motion of a
body on a dry surface. In a space vehicle structure, Coulomb damp-
ing_is present in connections or joints where interfacial rubbing
dissipates energy. The resuiting damping force is nearly constant.

It is expressed as: FD = UN; where U is the kinetic friction coefficient;
and N is the normal pressure force. ‘Coulomb damping is ignored in the
present analysis since it is assumed that the elastic members (i.e.,
booms, solar arrays, etc.) of the space station are unifofm and free

of interconnections.

Damping is considered to be rate-dependent (i.e., it depends
on the rate of a cyclic load amplitude and on the rate of the deflections).
Damping can be incorporated into a vibratory system by specifying a
value of the damping factor Z. The use of viscous damping can be
used when the material exhibits nearly elastic behavior. This
usually occurs at low amplitudes of stress. For most spacecraft
applications, viscous damping can be assumed since &eformations are
usually small.

In the field of vibrational analysis, it is general knowledge
that for lightly damped structures the natural frequencies and
mode shapes are largely independent of damping. The motion of an
elastic body analyzed under the assumptions of model analyses can
be found without considering the specific nature of the dissipation
mechanism.

Furthermore, the mode shapes of the elastic appendages can be

described accurately for all tumbling spacecraft using only the first
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few modes. These lower mode shapes will dominate the response of
spacecraft motion.

Observatiqns show that the energy per cycle removed by structural
friction is roughly proportional to the équare of the amplitude by
 independent of frequency.5 This fact demonstrates a significant
‘difference from the simpler case of viscous frictioﬁ; Consider a
simple periodic motion ¢ = X sin Wt which is opposed by a viscous
damping force F = -Cx = - Cwx =~ cos Wt = i.cw/gffi:—;i_'where

D.V.
o

the sign is determined from the fact that F is always opposite

D.V.

to the instantaneous velocity. The work per cycle,

{t=2ﬁ/w
W = F dx
D.V. ' .V. :
v Jt=0 D.V
done by FD y., on the vibrational motion is the area inside the ellipse.

Since this diagram would have semiaxes cwx and X s the work per
cycle is proportional both to x02 and to W.

By contrast, a damping force which has the same effect as structural
friction would be

= - = -+
FD.V. gx, cos wt =+ gvaZ_XZ .

The work is again the area inside an ellipse, but the semiaxes are ggo
and X, When encountered in cyclic motion of materials, such a force
is called hystersis. If one ‘uses the coﬁplex representation of simple
harmonic motion, FD.S.bags the position vector by 90° and is therefore
given by - igx, where g is a small structural damping coefficient. One
might consider that structural damping is proportional in magnitude

to the elastic restoring forces FE and opposite in direction to the

velocity of oscillation.
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All repreéentations of structural friction are empirical. The
primary purpose is fhat they provide a means of energy removal that
is correctly dependent on the amplitude and frequency.”’

Energy dissipation is modelled as é complex damping term in the

equations derived in this appendix. This type of damping has yet to

be proven satisfactory for this study.

III. A SPACE STATION WITH FLEXIBLE BEAMS

An investigation of a tumbling space station with long, flexible
booms is presented in this Section. Equations of motion are presented
for two particular configurations of space stations.

The two most complex configurations that can be reasonably analyzed
by the hybrid-coordinate formulation are examined in this Section.
The first configuration is composed of an asymmetric rigid central
body and six beams of identical material and circular cross-section
as shown in Figure 1. The hody axes are OXYZ and the origin is at
the center of mass of the satellite. Since the deformations of the
beams are assumed small (v 10% of their length), the center of
mass is assumed fixed. In this space station configuration, the
three body axes are always parallel to a line tangent to the root
of the antennas. The axis 0Z is the axis of greatest moment of

inertia; moreover 17 > Iy > IX will be assumed.

‘4

The equations of motion will be derived using variational
principles of mechanics. It will be assumed that the orbital motion
of the satellite mass center is independent of the orientation of the

o

—~ip
body. The kinetic energy is given by: T = % J V «V dm
. . m
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where V is the  velocity of a mass point dm. The kinetic energy

expression of a tumbling spacecraft becomes:
/
—_— 2 Z - Z
T= A« + + Bauy +z Cw) = Duyw,
. ‘ — 1. . .
’—.EQJ)(‘C‘)Z *—/—C'l-)x(/)y"" 2{%' LLO(I"Y) ‘l‘a}xl—;
3

“"wy Fy —+ w, /;
are components of the instantaneous moment of inertia tensor (cal-
culated with respect to the OXYZ axes). The quantity u is the
deformation referenced from the underformed state, M is the total
mass of the body, and FX, Fy’ and Fz are components of angular
momentum due to deformation of the configuration. The total angular

momentum which remains constant throughout the analysis is
h=19+w+T 2)

where I is the inertia tensor of the deformed body and

I' = j (r x u) dm
m

is the angular momentum of deformaticn.

The mechanics of deformation of flexible appendages is first
examined. .Consider a single beam along px axis in the undeformed
state. Assume the beam is subject to small deflections in the y - and

z - direction. The moments and products of inertia are defined as:
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Figure 1. Space Station with Six Flexible Beams.
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I = J (z2 + y2) dm; I = I Xy dm
m Xy m
I = I (x2 + zz) dm; I 2 = J yz dm
y m y n
= 2 2 . -
Iz = jm (y* + x7) dm; . Ixz = Im Xz dm

where m is the total mass of the beam. The beam of length £ will
shorten upon deformation, and will project a length OXl along

0X axes (See Figure 2) given by:

k. =g - & Jl' {(%)2 + (%}z;)z}} dx + H.0.T. W)

1 2
o

The component, C, is expressed as
2

C=p[ > + v2) ds (5)
o

where p is the mass per unit length and ds is the differential element

of arc length. The expression for C can be written as:
1,2, .2 1 2 .1 2 -
C=DJ "+ y) [1+5 D7+ 5 (27 + H.O.T.] dx 6)
o 2

where

ds = [1+ g2+ @2 4w - +-§- 52 +—21- (z")% + H.0.T.] dx

has been substituted.

Upon integration C becomes:
2 2
3 L2 27 - x 2 2
2 - (= ' ,
C=p3=+p fo {y —5=) [N + @071} dx + H.0.T. (V)

where the primes denote differentiation with respect to x.
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LENGTH = ¢

=1 %ﬂ(y')z + (z')z] dx + H.0.T.

Single Beam in Deformed State
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In a similar manner, the other components of the inertia tensor can be
computed. The remaining expressions in the kinetic energy aan be

found.7

In each case, the body axis XYZ are assumed parallel to the principal
axes of the central body and to have an angular velocity w = (wx, wy, wz).
The first configuration has six beams and there has been defined twelve

deformations, wl(x,t), i - (1,...12) (see Figure 1).

The deformation functions are from modal analysis and are given by:

i
W=

™8

kg © 6 @ | (8)

where qin(t) is a dimensionless coordinate function of the ith beam

Qi ¢in(§) are the normal mode shapes functions. Normally, the procedure

is to use thé cantilever modes of vibration as computed from the cantilever
beam equation:

£, 2504

0" (@) - 6 @ =0 9)
with ¢ (0) = ¢ (1) = ¢ "' (1) = ¢ """ (1) = 0.
It is assumed that only the first mode shape will be excited. Higher
mode shapes corresponding to higher frequencies will be assumed to have
a negligible contribution in this analysis. It is therefore more
practical to use an approximate expression for the‘first cantiléver

beam mode shape:

A %,
¢1(£) = ] - cos gwc where ¢ = Ei’



Greater refinements can be made, however, mathematical complications
will result. Certain corrections due to ceﬁtrifugal stiffening effects
may be included, but such effects are negligible for first mode
approximations and intermediate values of angular velocities? The decoupling
of this problem through the use of antisymmetric and symmetric modes
of deformation is not considered. No decoupling techniques are used
in this analysis. " The only assumption concerning the effect of the
deflections on tHe total vehicle is that the center of mass of the
configuration remain fixed. This assumption will be satisfied if the
weight ratio of the long, flexible beams to the rigid central body
is very small (i.e., on the order of 1:100).

Previously, the geneal kinetic energy expression was written.

The potential energy of the system is that due to strain energy of

the beams, i.e., 1 9 azwi
U= % L T dx (10)
.4 2 x :
i=1

Gravitational potential energy is not included.
It is assumed that damping of each beam will be modelled as structural

damping given by complex notation:

FD.S. = FE.R. (1 +14ig) (1)
where 30
FE.R. = 39 which are the elastic restoring

in forces in the equations of motion.

.damping factor

i= /-1

oQ
1]
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The equations of motion will be obtained from Lagrange's equations,
using the sets (wx,wy,wz) and (qin) as generalized coordinates.
The coordinates wx, wy, wz are quasi-coordinates. The Lagrange's

equations are:
2T X
< Qwy ) Wz &w)’ T Wy [, Nx aza

_9/__.339_;12 2T
cl+ QlaJy o U

(/ N
(QQJZ> C(_) - CL),; Qw\/ B /\/Z (12¢)

wvhere Nx’ Ny’ N7 are externally applied torques about the XYZ axes.

Assuming an uncontrollable tumbling body and no environmental torques;
N., N, N are zero.
x* Ty z

Substitution of the kinetic energy expression into the Lagrange's

equations results in:

d [ o . |
ZZTF“J:‘LXQJX '—j-LKyw)r =L xz <, "/:;] 'F(IZ‘

Ia/v)a)yajz + Iyz '(cu-zz?coi',‘) + Ix/ 20 il 5 -
Ixz -wxwy +Awy /Z -'édz_.f_; = N x
| Eg’? [Iy Wy "‘IY-’—' “3’2" Tx/ Lo * /77 (I 7_3&) e
e (0w} +I7" ‘“)“’*‘ - I-V/ Wy g +w§ /?( T, '/; i
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[:[1 0, eraJx jryz‘%) + / ] (iLY QQX“J * 7;)1
(cu'yz‘ CL)XZ) *

xz Pz dy = /yz Cozcux +w /), s

x = N
ylx = /Y
The expressions for the moments and products of inertia in terms

of generalized coordinates are:

T, =T, wpe][ A Coatgm) ™ E (gugarg, 1990 T Gos Geu F

(14a)
59{ 3'?/ >] 7‘_/’<"(/3 [N; (XYIL ¢ g(lc’>l> - C'C:I (gf/ g?/ 1;0?(“)1 (/IJ!

ﬁ,o}/ ?Cc)) t 5/(:2;/ ((:2); /] +/LL’/ -/\/ (f 7_2).:/ "/‘2’_,, *Z )
_If ;I:\, -*/4¢4’ Z;zyg (63 'fgﬁv ) -

¢

Wi (Zi/ 2w T Hzp oy +éﬁn A

3L y s (14b)
s 371‘ Z’y,)] 'f—/f"—/(o’[-z\// (2((11)/ +f(/z7:> - C(j/ (Z—,i’z St
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The Lagrange's equations of motion for the appendages are:
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939 < generalized coérdinate for n = 1 (first mode and
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The expression for the potential energy is:
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where fil = natural frequency of the ith beam. The deformation term

is:

Lo L g AT (e e a2 e
2 jm(,{‘uc{m - 2./"'("(/ "‘/\// (00;1 T G5 7‘.2)'5’/ 7L57/>(17)
° 2

-3 — 2 e 2 ez :
bl NG G e )

. — . . « 2 s 2
.2/4[/5,1\/, (5)9/2 + g’(:), + f(//), 7 f(lz), )



80

Knowing these expressions, the twelve equations of motion for the

flex1b1e appendages can be written:
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Equations (13), together with Equations (14), (15), and (18) are
the motion equations for tﬁe space station. They will be integrated
nﬁmerically by digital computer under the assumption n = 1.

It must be stréssed that the equations are valid only for small
deflection of the beéms. The angular velocities (wx,wy,wz) need not
be small.

In the equations of motion for the appendages thé'damping factor
has been included.

In the iast section of this report, there is a brief diséussion
on the values of the constants and initial conditions that will be
used to initiate the solutions to these equations.

The next configuration of space craft to be considered is shown
in Figure 2., In this case, one of the radial appendages has been
removed and the remaining three are placed symmetrically about the
z-axis. The angle Y is used to designate the anglg between two
successive appendages and is found by dividing.360° by the number of
appendages in x-y plane (in this case N = 3),

The development of the equations of motion for this configuration
follows the same procedure as used for configuration I. The moments
and products of inertia about each beam must be found about new axes
through and perpendicular to the beam and then rotated through the
angle Y. These moments and products of inertia must then be sub-

stituted into the following transformation equations:
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where aij are direction cosines of axis i with respect to axis j.

The direction cosines. for this problem are:

0., = cos Y, @

11 - sin‘Y, Qg = Opy = sin Y, and Ogy = Opg = 0.

22

This means for o = 1207, Gy = =5, 0oy = -.866, Uyq = 0o = .866.

The moments and products of inertias may be written:

1 ) 3
I == (I )y + = (I Yy + .866 (I__ . )

I T R T ¥¥1,2,3

p=2a, o+ta, D+ 0 )

y 1,2,3 1,2,3 %¥1,2,3

12 = remains the same as before as the z—axis was not fbtated

3.1 1 3 '

1 = (E+=V3) (1 y +=V3 (1 ) + = (I )
xy 44 ¥1.2,3 4 %1235 % Y1,2,3

1 and 1 do not change.

XZ yz
where IX = the moment of inertia about an x-axis through

1,2,3 Dbeams 1,2,3

Tt should be noted that there is one less beam to consider in

this configuration and new generalized coordinates are defined for this

case (see Figure 3).

The expression for the moments and products of inertia are:
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ASYMME TRIC

Figure 3. Space Station with TFive Flexible Beams



90

These expressions and substitutions of equations 13 and 18 will result
in the equations of motion for configuration II, The same type of
structural damping is inserted into these equations as before.
Approaching the problem through a study of just two configurations
does not impair the significance of the results. By changing the
constants and variables of these configurations a wide range of informa-
tion should become available. ’
The technique of obtaining a solution for theéé configurations
consisting of beams is hopefully going to lead to solving the rate
of energy dissipation occurring on the tuﬁbling NAR modular space
station.
Information is being gathered as to the type of flexible appendagés
that are attached to the NAR space station. Due to the knowledge
gained in analyzing the space stations wifh beams, the analysis of

NAR modular space station with large solar arrays will follow directly.

IV. DISCUSSION OF SIMULATION PARAMETERS
The last Section has shown that the equations of motion for the
two cohfigurations of space stations with iong, flexible beams contain
many constants which must be specified before computer simulation can
begin. In this Section, certain initial conditions, parameters, and
assumptions for this study which have been decided upon will be presented.
The two configurations of spacecraft are considered to be examples
of future space stations whose total mass are 100,000 kg. each (i.e.,A

the same mass as the NAR modular space stations). Each configuration
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has an asymmetric, rigid, central body. Energy dissipation comes from
the flexure of elastic appendages which differ in number and size from
one configuration to the other.

The most important of the parameters are the moments and products
of inertia for each vehicle. The asymmetric rigid main body of each
configuration will be assumed to have idéntical moments and products

of inertia, that is:

IX(Kg - m2) = 1.0 x 103
I, " =1.0 x 10°
J

oo = 1.0 x 10°
I ,IL , I =0

Xy’ Tyx’ Txz

Each configuration will have its own moment and products of inertia
depending on the number and size of the elastic appendages.

Each space station in this report contains elastic beams. - For
initial considerations, each beam will have the same length and be
constructed from the same material. The booms will be 25 meters
long and be constructed of beryllium copper. Beryllium copper is
used to construct many antennas on space Vehicles and has light-
weights and elastic.characteristiés. Its density (i.e., mass/length)
is .00197 Kg/m and its stiffness modulus, EI, is 6.46 NT—mZ.7
The weight ratio of the main central body with the long appendéges is
of the order 1:1000. Consequently, it is reasonable to assume that

the mass center of the total vehicle does not change position with

time during small deformations.
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There is still work t§ be finished on the panel configuration and
no decision on the length or material of the panel has been made.
Parameters for this structure will be based on the final form of the
.equations of motion, the method of solution, and the results obtained
from computer simulation of configurations I and II.

The most general type of passive attitude motion is considered
to be an initial premise to this study. Tumbling motion requires the
knowledge of three angﬁlar velocities: W s wy, and w . Before
specifying their numerical values the natureal frequencies of the beams
were calculated. With the beams assumed to be uniform and cantilevered,
the natural frequencies are found from: w = (82)2 /§T7EQ4 . The
first two natural frequencies are 3.072 cpm and 19.258 cpm. It was
decided that only the first mode of vibration should be exicted in
this work so the angular velocities were chosen to be a reasonable
value of 6.00 rpm each.

The method of solution immediately follows upon knowing the
initial angular velocities. For example, in configuration I which has
six symmetrically placed beams, the approach to the solution woﬁld be
as follows: (1) substitute in known parameters (see Table 1),

(2) set initial conditions, (3) substitute W, s wy’ w, into the three
satellite equations (4) ;olve for w_s wyf w, in termé of the q's,

(5) substifuﬁe W, wy, wé just found in step (4) into the twelve
appendage equations, (6) solve for the q's, (7) knowing the deflections,
calpulate the values gf w_; Qy, wz, (8) integrate ®w values to get the

new w_, wy, w_, (9) repeat process.
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Initial Conditions:

wx = 6.00 rpm
= 6,0

my 6.00 rpm

w, = 6.00 rpm

. qll! A qlza = 1

TABLE I
21 = 22 = 23 = ... 26 = 25 meters
g = .00197 Kg/m
EI = 6.46 NT-m’
Antenna material - BeCu
IX = 1.0 x lO3 Kg - m2
Iy = 1.0 x lO4 » Main Body
- 102
I =1.0 x10
Tz
I I I =0 Kg - m2
xy;? v, Tzx
Ix = 1.041 x 103 Kg - m2
Iy = 1.004 x lO4 Undeformed Total Body
5
I =1.0 x 10
z
2
I , I , I =0 Kg - m
xy® “yz zZX
Total Mass = 100,000 Kg
M=1
P1 = .569 Integrals in Equations for n = 1
€11 = 1.193
f. = 3.072 cpm
in




94

The stability characteristics of these parameters chosen here

will be substantiated or disproved through numerical simulation of the

nonlinear equations of motion of the two spacecraft configurations.

The presence of an energy dissipation term in the equations will model

the damping characteristics of the flexible appendages the rate at

which energy is dissipated due to the effects of flexibility will

be obtained.
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